In this article we present a Riesz-type generalization of the concept of second variation of normed space valued func-
Introduction
Functions of bounded variation where first introduced in 1881 by Camille Jordan who established the relation between these functions and the monotonic ones. Thus, the Dirichlet Criterion for the convergence of the Fourier series applies to the class of functions of bounded variation. This, in turn, has motivated the study of solutions of nonlinear equations that describe concrete physical phenomena in which, often, functions of bounded variation intervene.
The interest generated by this notion has lead to some generalizations of the concept, mainly, intended to the search of a bigger class of functions whose elements have point wise convergent Fourier series. As in the classical case, these generalizations have found many applications in the study of certain differential and integral equations. Ch. J. de la Vallée Poussin, introduced in 1908 ( [1] ) the notion of second variation of a function. A few years later, F. Riesz ( [2] ) proved that a function f is of bounded second variation on   In this article we define the notion of function of bounded second  -variation in the sense of Riesz. We show that a function F, with values in a reflexive Banach space, is of bounded second -variation, in the sense of Riesz, if and only if it is the integral (in the sense of Bochner) of a function of bounded -variation. In addition, from the main results presented it is deduced an inequality that generalizes Riesz's lemma.
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Vector Value Functions of Bounded Variation
We begin this section by recalling some known spaces and results. We will also assume that all partitions of an interval    
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We omit the proof, which follows immediately from the convexity of  .
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ain Results
Now, we are ready to characterize the class of functions in 
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The following example shows that it is possible to have strict inequality in (3.2).
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